projection S
is obtained by applying a fixed measure-linear (medial) mean A on Z+ to the sequence of one-dimensional distributions of the Markov measure in the path space of the Markov chain associated with the operator P. If there are no non-constant bounded P-harmonic functions, S is a projection onto the space of constants.
In the general situation when the space H° (X, m, P) is not necessarily trivial, the harmonic projection S f can still be considered as a "space average" of f. We show that for any f E L°° (X, m) the harmonic projection S f can be recovered from the averages of f ( [3] , [8] [6] [5] .
THE MAIN RESULTS
From now on we shall fix a Markov operator P : L°° (X, m) ~ on a Lebesgue space (X, m) and a measure-linear mean A on 7~+. [1] ), i. e. , to replace the conditional harmonic means with means along "nice" sequences approaching the corresponding boundary point (geodesics in the hyperbolic case).
